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there is a subset J `
of I of cardinality
less than λ such that f
`
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Coproduct injections are very often monomorphisms, for instance
in any pointed category. However, in the category of commutative
rings, the coproduct is the tensor product and the coproduct
injection Z → Z ⊗ Z/2 ∼
= Z/2 is not a monomorphism.
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bounded.
Corollary 1. Vopěnka’s principle is equivalent to the fact that any
barely locally presentable regular category is locally presentable.
In fact, under Vopěnka’s principle, every cocomplete bounded
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Problem. Is there a barely locally presentable category which is
not locally presentable in ZF?
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pullbacks is complete.
We do not know whether any barely locally presentable category is
complete.
Proposition 8. Let λ1 < λ2 be regular cardinals. Then any barely
λ1 -presentable category is barely λ2 -presentable.
Proposition 9. Let K be a barely locally λ-presentable category
and C be a small category. Then the functor category KC is barely
locally λ-presentable.

